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also a contact. From this characteristic the name given by Lie to the transformation will be understood.
Contact-transformations are so important, and occur so frequently, that particular cases attracted the attention of geometers long ago, though not under this name and from this point of view, i.e. not as contact-transformations, so that the true insight into their nature could not be obtained.
Numerous examples of contact-transformations are given in my (lithographed) lectures on Hohere Geometrie, delivered during the winter-semester of 1892-93. Thus, an example in two dimensions is found in the problem of wheel-gearing. The outline of the tooth of one wheel being given, it is here required to find the outline of the tooth of the other wheel, as I explained to you in my lecture at the Chicago Exhibition, with the aid of the models in the German university exhibit.
Another example is found in the theory of perturbations in astronomy; Lagrange's method of variation of parameters as applied to the problem of three bodies is equivalent to a contact-transformation in a higher space.
The group of oo16 substitutions considered yesterday in line-geometry is also a group of contact-transformations, both the collineations and reciprocations having this character. The reciprocations give the first well-known instance of the transformation of a point into a plane (i.e. a surface), and a curve into a developable (i.e. also a surface). These transformations of curves will here be considered as transforming the elements of the points or curves into the elements of the surface.
Finally, we have examples of contact-transformations, not only in the transformations of spheres discussed in the last lecture, but even in the general transition from the line-geometry of Pllicker to the sphere-geometry of Lie. Let us consider this last case somewhat more in detail.select (as I have done elsewhere before) Lie's sphere-geometry (Kugel-geometrie).ll possible algebraic correspondences.    He
